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(54) Generalised positioning system based on use of a statistical filter 



(57) A generalized positioning system, correspond- 
ing method, and filter for use in the generalized position- 
ing system, based on Kalman filtering or any other kind 
of filtering that produces an estimate of position, or other 
aspect of the motion of an object, using statistical meas- 
ures involving current and previous measurements of 
position or any other aspect of the motion of the object, 
but with greater responsiveness than a positioning sys- 
tem based on the usual statistical filtering, such as Ka- 
lman filtering. The generalized positioning system uses 
a calculated association probability for each measure- 
ment in a set of measurements of position (or other as- 
pect of the motion) at a particular instant of time, the 
association probabilities being used in the calculation of 



a combined measurement innovation (residual), which 
is in turn used in calculating the next estimate of position 
(or other motion state information). In one aspect of the 
invention, a pre-validation is performed, based on a usu- 
ally pre-determined gate width of a validation region. By 
using a combined measurement innovation, the gener- 
alized positioning system is able to accept simultaneous 
measurements from different sources of information, in- 
cluding different kinds of sources of information, so that 
it can provide position estimates (or estimates for other 
components of the state of motion, i.e. of other aspects 
of the motion) based on, e.g., information received both 
from satellites, used in a global positioning system, and 
also from cellular base station in a cellular telephone 
network. 
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Description 

FIELD OF THE INVENTION 

5 [0001] The present invention relates generally to any system that estimates one or another aspect of the motion of 
an object, such as position. More particularly, the present invention pertains to the application of statistical filters, such 
as a Kalman filter, in such generalized positioning systems. 

BACKGROUND OF THE INVENTION 

10 

[0002] A satellite positioning system (SATPS) receiver generally determines its positions by triangulating its Line of 
Sight (LOS) range to several satellites or space vehicles. A GPS receiver, for example, computes a 4-dimensional 
solution involving latitude, longitude, altitude, and time using the LOS ranges to as few as four satellites. The accuracy 
of the solution is a direct function of the accuracy of the range measurements. 

15 [0003] SATPS receivers are growing rapidly in popularity and application. GPS receivers, for example, are now 
common in aviation, marine, and terrestrial applications. An increasingly common terrestrial application for GPS re- 
ceivers is in automobiles. In the automotive context, the vehicle's location is typically displayed on an electronic display 
of a street map. It is vital in this context, therefore, to provide the driver with continuously updated position solutions, 
collectively called a "ground track,- that accurately track the vehicle's movement from one moment to the next. Expe- 

20 rience shows that consumers consider ground-track fidelity as one of the most important criteria in choosing a receiver. 
It is extremely important, therefore, that the ground-track displayed on the GPS receiver's electronic map not have 
spurious jumps, stair steps, spikes, jigs, or jogs that are unrelated to the vehicle's actual path. 

[0004] There are a number of factors, however, that may cause discontinuities in the position solutions used to 
determine the ground-track of an automotive SATPS receiver. One source of position solution discontinuity is "Selective 
25 Availability" (SA), which restricts the accuracy of civilian GPS receivers to roughly 1 00 meters. SA is intentionally used 
by the U.S. Government for purposes of national security. The Department of Defense (DOD) implements SA by pur- 
posely injecting error into the satellite range signals. 

[0005] Another common source of position solution discontinuity is due to the phenomenon known as multi-path, 
where the true LOS signal from a given satellite reaches the GPS receiver's antenna, along with additional signals 

30 providing supposedly the same information, the additional signals caused by reflection from nearby objects, such as 
buildings or cliffs. The multi-path phenomenon is particularly troublesome for automotive receivers because they are 
frequently used in cities and surrounded by tall buildings. This environment is sometimes called an "urban canyon" 
due to the canyon-like setting it resembles. Regardless of source, multi-path can be a very vexing problem because 
the additional signals may be very strong, but very wrong. 

35 [0006] Yet another source of position solution discontinuity is that the constellation of satellites used by a SATPS 
receiver can change; the SATPS receiver may see a different constellation of satellites from one moment to the next. 
If the GPS receiver is located in an urban canyon environment, for example, individual satellites may become blocked 
and later unblocked as the receiver moves past, different buildings. The discontinuity arises in this situation because 
the error in a position solution is based on the constellation of satellites used. (Two satellites located in approximately 

<o the same direction will provide position information with larger error than two satellites in very different directions, all 
other things being equal.) If the position solution provided by a GPS receiver is suddenly based on a different constel- 
lation, the different error may cause a jump or discontinuity in position. 

[0007] It is known in the art to use a Kalman filter to account for the uncertainties in measurement data provided to 
a positioning system. Fig. 1 is a simplified flow diagram of a conventional GPS-type positioning system 10 including 

« an RF antenna 11 , a measurement engine 12 and a Kalman filter 14, providing a position estimate x(k) for position at 
time instant k. The measurement engine 12 receives RF signals from a plurality of orbiting satellites via the antenna 
11 and provides the Kalman filter 14 with measured position and velocity, i.e. measured state information as opposed 
to the predicted state information provided buy the Kalman filter based on the measured values. 
[0008] The construction of the measurement engine 12 varies from application to application. Generally, the meas- 

so urement engine 12 contains the analog electronics (e.g. preamplifiers, amplifiers, frequency converters, etc.) needed 
to pull in the RF signal, and further includes a code correlator for detecting a particular GPS code corresponding to a 
particular satellite. The measurement engine 12 estimates the line of sight (LOS) range to a detected satellite using a 
local, onboard GPS clock and data from the satellite indicating when the satellite code was transmitted. The LOS 
ranges determined this way are called pseudo-ranges because they are only estimates of the actual ranges, based 

55 on the local detection time. In the positioning system 10 of Fig. 1, the measurement engine 12 converts the pseudo- 
ranges it acquires over time to measurements z(k) of the state of the process, i.e. to a position and velocity of the 
moving object whose position is being determined. 

[0009] Further it is known in the art that it is advantageous to smooth measurement data provided to a Kalman filter 
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used in a positioning system. Colley (U.S. Pat. No. 5,883,595) discloses a method of smoothing Kalman filter position 
states forming a ground-track in a receiver used in a satellite based positioning system. In such systems, data pairs 
including an incoming value and a "raw" reliability estimate (e.g. a standard deviation) are normally fed directly to the 
Kalman Filter. The Kalman filter computes the resultant and an overall uncertainty estimate by applying a weight to 

5 each successive incoming, measurement value based on its reliability. The Kalman filter also estimates incoming values 
based on past values. The method of Colley involves the steps of replacing the raw reliability with a modified reliability 
if the incoming value is too far from the estimate in view of an adjustable limit envelope defined by the current uncertainty 
estimate and reliability value. If the difference is small, however, then the reliability value is passed without modification. 
The modified reliability value is preferably scaled or decreased in proportion to the amount by which the square of the 

10 incoming value is outside of the limit envelope. 

[0010] While the Colley invention is potentially advantageous compared to using a standard Kalman filter, the pre- 
processing of the measurement data is based on ad hoc values associated with the adjustable limit envelope. What 
is needed is a way to provide for what is essentially automatic, dynamical tuning of a Kalman filter used in a positioning 
system, based on statistical measures of the error of incoming measurements. 

15 [0011] Further what is needed, ideally, is a source of measurement data (used to determine pseudo-ranges and 
pseudo-rates) that does not suffer from the same errors as affect satellite measurement data. Such a second source 
of measurement data would presumably not usually be in error simultaneously with, or in the same way as satellite 
data. It is expected that information similar to what is provided by satellites will soon be provided by base stations of 
cellular systems. The W-CDMA (cellular) system, now being developed, already provides cell identifiers, enabling 

20 positioning based on the identifiers. The main sources of noise and inaccuracy in such cellular-provided information 
are not the same as for satellites; instead of atmosphere, multi-path, and selective availability, error in a cellular system 
is caused by obstacles in the signal path, range measurement quantization, and interfering frequencies. 
[001 2] Even though the use of two different types of sources of positioning measurements can provide an inherently 
more_ reliable positioning system, it is still Jrue_that. at any instant of time a particular measurement can be greatly 

25 impaired by one or another source of error (not usually the selective diversity, which is intended only to "dither" the 
correct measurement). Thus, it remains advantageous, even in case of a hybrid positioning system (hybrid in the sense 
of different kinds of sources of measurement), to provide a way for automatic, dynamical tuning of a Kalman filter used 
in a positioning system, based on statistical measures of the error of measurements. 

30 SUMMARY OF THE INVENTION 



[0013] Accordingly, the present invention provides an improved generalized positioning system, for making estimates 
of state information of an object, the state information being information about the state of motion of the object, having 
a filter that statistically determines a succession of state estimates along with corresponding uncertainty estimates 
based on a succession of state measurements, the improvement comprising: means for determining association prob- 
abilities for a plurality of state measurements all at a same instant of time, each association probability corresponding 
to a particular state measurement at the instant of time, and also means for determining an association probability 
providing a value for the probability that none of the plurality of measurements is correct; means for combining into a 
single measurement innovation each individual innovation using the association probabilities as weightings; and means 
for determining the covariance of the updated state based on the individual association probabilities, the association 
probability for providing a value for the probability that none of the measurements is correct, and the combined meas- 
urement innovation. 

[0014] In a further aspect of the invention, the filter is responsive to measurements provided by a measurement 
engine receiving information from both satellites and cellular base stations. 

[001 5] In a still further aspect of the invention, the filter is responsive to a finite gate width of a validation region, and, 
in addition, the filter rejects a state measurement if it falls outside the validation region. 

BRIEF DESCRIPTION OF THE DRAWINGS 

[0016] The above and other objects, features and advantages of the invention will become apparent from a consid- 
eration of the subsequent detailed description presented in connection with accompanying drawings, in which: 

Fig. 1 is a flow diagram/ block diagram of a positioning system based on a Kalman filter; 

Fig. 2 is a flow diagram/ block diagram of a positioning system based on a statistical filter with statistical preproc- 
essing of inputs, according to the present invention; 

Fig. 3 is a flow diagram/ block diagram of a distributed positioning system similar to the system of Fig. 2 but with 
some components remote from the object making use of the positioning system; and 

Fig. 4 is a flowchart of a method of filtering measurements of state information, according to the present invention. 
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BEST MODE FOR CARRYING OUT THE INVENTION 

[0017] In the best mode, the present invention is part of a receiver used in a Kalman filter or similar filter as part of 
a positioning (navigation) system. It is to be understood, however, that the present invention can be used not only with 
5 a Kalman filter in such a system, but with any kind of filter in a position-measuring system (or in a system that measures 
another aspect of the motion of an object, such as velocity) where the filter is used in producing an estimate of position 
based on statistical measures involving current and previous measurements of position, or in other words, with any 
kind of filter that statistically determines a succession of position estimates along with corresponding uncertainty esti- 
mates based on a succession of measurements. 

10 

Background on Standard Kalman Filter and Notation Used 

[001 8] Referring again to Fig. 1 , in a positioning system 1 0 according to the prior art, a Kalman filter 24 is sometimes 
used to estimate the state x(k) of a process, such as the position and velocity of a vehicle in motion, based on meas- 
15 urements related to the process. The (unknown and never perfectly knowable) state x(k) of a discrete-time controlled 
process is assumed governed by a dynamical equation cast as the linear stochastic difference equation: 



x(k+1) = A(k)x(k)+Bu(k)+w(k) (1) 



20 



where w(k) is the process noise, A(k) is an nxn matrix relating the state at time step k to the state at time step k+1 in 
the absence of a driving function, u(k) is a control input to the state x, and B is an nxi matrix that relates the control 
input to the state x. 

J?P! 9 ! Measurement z(k) (i.e. the measured position at time instant k)Js assumed to correspond to the state x(k) (i. 

25 e. the actual position at time instant k) according to the equation: 

z(k) =H(k)x(k)+s(k) (2) 

30 where s(k) is the measurement noise, and_the mxn matrix H relates the state x(k) to the measurement z(k). The 
measurement z(k) is provided by a measurement engine 22 based on information received by an antenna 21. 
~[0020] The Kalman filter uses the^ measurements z(k), along with knowledge of the dynamical equation (eq. 1), to 
determine an a posteriori estimate x(k\k-A ) that takes into account tr^e measurements z(k) more or less, depending on 
a Kalman gain, K(k), calculated as described below. The estimate x(/c|/c-1) is said to be a posteriori in that it is made 

35 after the measurements z(k), taking those measurements into account. 

[0021] A central assumption in using a Kalman filter is that the process noise and the measurement noise are both 
white, and with normal probability distributions: 

40 P(w(k)) - N(0,Q(k)) (3) 

P(s(k)) ~ N(0,R(k)) (4) 



45 



where Q(k) is the process noise covariance (matrix), and R(k) is the measurement error covariance (matrix). (Here, N 
(a,b) is the normal distribution with mean a and covariance b.) In the implementation of a Kalman filter, the R(k) and 
Q(k) for the filter are sometimes measured, or values are assumed, once and for all before using the filter. The selection 
of values to be used for R(k) and Q(k) is said to constitute "tuning" the filter, and is sometimes performed off-line, using 
another Kalman filter. In some applications, R(k) and Q(k) are taken to be constant. 
so [0022] Referring again to Fig. 1 , the operation of a Kalman filter, in general, is in two parts: a time update part and 
3 measurement update part. In the time update part, the output of the Kalman filter (i.e A the a posteriori estimated state 
x{k)) is used in the assumed dynamical equation (1 ) to determine an a priori estimate x(k + 1 \k) of the next state of the 
process: 



55 



x(k + 1 \k) = A (k) x(k) +Bu(k). (5) 

A 

Here, the notation x(k + A\k) is used to show expressly that the value obtained is based on assuming the a posteriori 



4 



EP 1 102 398 A2 

A 

estimate x(k). 

[0023] The time update part also determines the so-called a priori estimate error covariance using the equation: 
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P(k|k-1)=A(k)P(k-1)A T (k)+Q(k). (6) 

where the a priorf'estimate error covariance P(k|k-1) is based on the a priori estimate error x(k) - x(k\k - 1), and is 
defined as: 

P(k|k-1) =E [(x(k) -x(k\k - 1)) (x(k) - x(k\k - 1)) T ] (7) 

in which E(a) is the expectation of the random variable a, and.wfcere P(k) is the corresponding a posteriori estimate 
error covariance, based on the a posteriori estimate error x (k) - x(k) . 

[0024] In the second, measurement update part of the operation of a Kalman filter, the Kalman gain K(k+1) is cal- 
culated, using: 

K(k+1)=P(k+1|k)H T (k+1)[H(k+1)P(k+1|k)H T (k+1)+R(k+1^ (8) 

A 

and is then used to determine the a posteriori state estimate x(k + 1 j, according to: 

_.■ x(k + 1) = xlk + 1|fr) + K(k+1) y (k+1). (9) 

where u (k+1) is the so-called measurement innovation (or measurement residual), defined as: 

\) (k+1) =z (k+1) -H (k+1)x(/c + 1|fc) . (10) 

A 

The estimate x(k + 1) js then output to an output display 16 as the Kalman filter's estimate of the state of the process 
as the time corresponding to k+1 f and is also used in the next first, time update part of the operation of the Kalman 
filter. Finally, the first, update part of the operation also requires a new a posteriori estimate error covariance, P(k+1), 
which is calculated using: 

P(k+1)=[l-K(k+1)H(k+1)]P(k+1|k) . (11) 



[0025] The operation of the Kalman filter must of course be started with initial estimates for x(k + 1|/c) and for P 
(k+1|k), and the prior art includes suggestions for how to select initial values. 

Kalman Filter with Probabilistic Data Association 

[0026] Referring now to Fig. 2, in the present invention, a positioning system 20 uses a Kalman filter 24 modified to 
use probabilistic data association (PDA), so as to enable using a combination of measurements at each instant of time 
for which a time update and then a measurement update is performed. In the preferred embodiment, up to m different 

measurements z 1 (k), z 2 (k) z^k) are provided by a heterogeneous measurement engine 22 at each instant k of 

time, based on information received by different antennae 21 a and 21b, which are different in kind in that one is intended 
to receive information from one kind of source of information, such as satellites, and the other is intended to receive 
information from another kind of source of information, such as cellular base stations. 

[0027] A moving object carrying such a positioning system can use, as sources of measurement, both cellular and 
satellite data in determining an estimate of position, and can use multiple measurements of the position, at the same 
instant of time, from each source. 

[0028] Recording to the present invention, it is assumed that the probability density function of the object's state 
estimate x(k) (i.e. the object's position and velocity), as provided by the Kalman filter of the present invention, is normally 
distributed when conditioned on the set Z(k-1 ) of all previous measurements up to the (k-1 )th instant of time, i.e. that 
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p[£(*)|Z(k-1 )]=N[£(/c); ).P(k|k-1 )], (1 2a) 

which corresponds to the assumptions indicated as equations (3) and (4). It is further assumed that all measurement 
innovations (residuals) \>j(k) are also normally distributed when conditioned on all previous measurements Z(k-1), i.e. 
that 

pI^tkJI^MJ^NI^CkJ^.Pfklk-l)], (12b) 

the mean taken to be zero since the measurement noise is assumed to be white. Under these assumptions, association 
probabilities (i.e. associated with measurements) are determined according to: 

p j (k)=e > (A:)|6(A)+£e y (A)l (13) 

20 for j=1 ... m(k), where m(k) is the number of measurements; where 

e i (k)=P 6 - 1 N[D j (k);0,S(k)] l (14) 
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in which \)|(k) is the measurement innovation for the j m measurement and S(k) is the innovation covariance at instant 
k, i.e. S(k) = H(k)P(k\k-1)HT(k)+R(k)' t where 

b(k)=m(k)(1-P D P G )[P D P G V(k)r 1 (15) 

in which V(k) is the volume of a validation region, described below (equation 17); and where a special association 
probability is defined corresponding!© the probability that none of the measurements is correct (or, equivalently, the 
probability that at least one measurement is correct, subtracted from one), given by 



P 0 (k)=6(*|6(*) + ^(*)j . (16) 

40 [0029] Note that the Kalman gain K(k), given by equation 8, can also be expressed in terms of the innovation cov- 
ariance 

S(k) = H(k)P(k\k-1 )H T (k)+R{k) f as K(k) = P(k\k-1 )H^(k)S-\k). 

[0030] In equations 13-16, the quantity P D is the so-called probability of detection, and is pre-determined; it is the 
probability that the correct measurement is obtained. It is specified a priori by a user of the positioning system. There 
are many ways to evaluate P D ; it can be evaluated statistically, analytically, or heuristically (trial and error). Since a 
measurement will always have some error associated with a condition impeding the measurement, such as an inability 
to see all of the satellites or base stations all of the time because of blockage or equipment failures including receiver 
malfunctions, in practice P D will never be equal to unity. 

[0031] The quantity P G is a so-called gate probability. It is a factor used to restrict the normal distribution of the 
measurement innovation based on the width of a validation gate. If there is no pre-validation of measurements, so that 
any measurement is provided to the Kalman filter, then P G has a value of one, corresponding to a gate of infinite width. 
P G has a value of less than one when measurements too far from a predicted measurement are ejected. Using such 
a value for P G amounts to eliminating the edges of the normal distribution of the measurements. Values of P G of less 
than one are found from a chi-square tail probability tables as a function of the measurement dimension r± (i.e. the 
number of degrees of freedom of the measurement, which for only a range measurement is one, and for a combined 
range and Doppler measurement is two) and the width y of the validation gate (taking yas the value of the tail probability). 
Using g to denote Jy , (g therefore equal to a number of standard deviations), g can be pre-determined to have a value 
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limiting the accepted measurement to only 2/3 of any set of measurements, on average. In the present invention, as 
indicated in Fig. 2, it is the value of g that is pre-determined, and from which the value of P G is inferred. 
[0032] The volume V(k) of the validation region is defined as: 

v ( k )=c n2 / 2 |S(/c)| 1/2 (17) 

(using g= Jy ) in which 

° n z = r(n z /2+1) ' (18 > 

where T(a) is the gamma function (so that, e.g. r (n+1 )=n! for where n is an integer). c„ 2 can also be interpreted to as 
the volume of the n z -dimensional unit hypersphere. Thus, e.g. a,=2; c^tt ; c 3 =4tc/3, etc. Equation 18 is the general 
expression for c„ z . 

[0033] With the association probabilities Pj(k) determined according to equations (13) and (16), a combined innova- 
tion v (k) is determined, according to: 

«(*) 

» oo = £p,(*)u,(*) d9) 

and used to update the state of the process, according to equation 9, i.e. as in a standard Kalman filter. 
[0034] Although the update to the state of the process is calculated as usual, the covariance associated with the 
updated state, i.e. the a posteriori estimate error covariance, P(k+1 ), is calculated differently than in a standard Kalman 
filter, i.e. not according to equation (11). Instead, it is obtained using: 

P ^ } ^P. 0 A^ 3 P ii c ! K r_ 1) + I:L -P P ] P C (lc) ^-^(A:) (20) 

where P c (k) is the covariance of the state updated with the assumed to be correct measurement (i.e. it is the covariance 
of the state evaluated with $ 0 (k) is set to zero), and is given by 

P c (k)=P(k|k-1)+K(k)S(k)K T (k), (21) 
and where h{k) is the spread of innovations, given by 
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P(k) = K{k) ^Pi(*)»#(*)Wi r (*)-u(Jk)o r (t)ljC r (Jk) . (22) 
U-i J 

[0035] Thus, the weighting of measurements in a Kalman filter, given by equation (20) and intended to correspond 
to the reliability of the measurements, is different in the PDA-modified Kalman filter of the present invention, given by 
equation (11). In fact, the weighting differs from the standard Kalman filter weighting in that it is more responsive to 
changes in the reliability of the measurements. This greater responsiveness by a PDA-modified Kalman filter is prudent 
because the PDA-modified Kalman filter will reject measurements that are too far from what is expected, so that giving 
greater credence to the remaining measurements is sensible. The modified weighting is thus more appropriate for 
measurements provided by different measurement sources, such as both satellites and cellular base stations. To sig- 
nificantly alter the weighting in a standard Kalman filter, it is usually necessary to use some means external to the 
Kalman filter, or else to reinitialize the Kalman filter. In the preferred embodiment in which the PDA-modified filter is 
implemented as software, the cost of the greater responsiveness is a slightly greater computational load, compared 
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to a standard Kalman filter. 



Kalman Filter-Based Positioning System with Pre-Validation 

5 [0036] Still referring to Fig. 2, in another aspect of a positioning system according to the present invention, a pre- 
validation of measurements is performed by a pre-validation module using a pre-determined (finite) value of g corre- 
sponding to a finite gate width y , using the same notation as above. In performing the pre-validation, the measurements 
are assumed to be normally distributed, having a probability density function, 

p(z(k+1)|Z(k))=N[z(k+1);z(k+1|k),S(k+1)], (23) 

A 

where again Z(k) is the set of all previous measurements, of any dimension, A up to the k m instant, and where z(k+1 \k) f 
called the measurement prediction, is merely shorthand for the term H(/c+1 )x(fr+1 |fr), as in. e.g. equation (10). Next, a 
15 validation region is defined, based on the above-described gate parameter gamma, that changes with each instant k 
of time; it is given by, 



20 



V(/c+1,Y)={2(*+1):[^^ (24) 

where S- 1 (k+1) is the inverse of the innovation covariance, and where y is again, as above, a pre-defined threshold 
obtained from the one-sided chi square distribution. Again denoting Jy by g, equation (24) is also sometimes written as, 

25 \> T (M)S~\{k+1)<g 2 (25) 

A 

where, as above, v{k + 1 ) is the measurement innovation, i.e. z(k+1 ) - z (k+1 |k) . 

[0037] There is a certain probability that a measurement will fall in the validation region. The value of g is pre-deter- 
mined to affect such a probability: the greater the value of g, the greater the probability that a measurement will fall in 
the validation region. If, for a particular measurement, the left-hand side of equation (25) evaluates to an amount greater 
than g 2 , the measurement is declared an outlier, and is not used, by the Kalman filter in making its next estimate of 
position (state of the process). 

[0038] Thus, in the present invention, one assumes a Gaussian probability density function for measurements, with 
a width determined by the value of g, a value that can be set based on one or more of various considerations, as 
discussed above. 

[0039] It is important to note that some of the terms in the above PDA and g-sigma gate equations are directly 
obtained from the Kalman filter used in estimating position. It is also important to note that the use of PDA weighting 
does not exclude using signal to nose ratios (SNRs), bit error rates (BERs), or other inputs for outlier rejection or 
measurement weighting. 

[0040] Although in the preferred embodiment the pre-validation and PDA-modified state update are performed in the 
positioning system itself, it is also important and in fact in some implementations desirable to have the pre-validation, 
the PDA-modified state update and the time update, or more usually only the PDA-modified state update and the time 
update, performed by a computing facility that is separate and apart from the positioning system, and may be in only 
radio communication with the positioning system. 

[0041] Thus, referring now to Fig. 3, a distributed positioning system according to the present invention is shown as 
including local components 31 moving with the user and also including non-local components 24, the filtering hardware 
modules, hosted by a remote facility. The non-local components 24 perform the filtering computations of the present 
invention, and are in only radio communication with the local modules 31 of the positioning system, the heterogeneous 
measurement engine 22 and the output display 26. The radio communication is indicated by the dashed lines 32 
representing radio communication signals by which the outputs of the heterogeneous measurement system are pro- 
vided to the filter modules 24, and by the dashed lines 33 representing radio communication signals by which the 
outputs of the filter modules 24 are provided to the output display 26. (The antennae and associated receiver and 
transmitter hardware needed to accomplish the indicated radio communications are implied.) 

[0042] In such an embodiment, the non-local components 24 perform the filtering computations for not only a par- 
ticular positioning system with local components 31, but also for other positioning systems, not shown, also having 
only some components on-board the object making use of the positioning system. In some applications, the non-local 
components 24 would be part of a telecommunications network that would communicate with each different positioning 
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system using a protocol similar to what is used in cellular telephone communications. 

[0043] Referring now to Fig. 4, a method is shown for filtering state measurements, according to the present invention, 
so as to obtain estimates of state information. 

[0044] It is to be understood that the above-described arrangements are only illustrative of the application of the 
principles of the present invention. In particular, the present invention can be used as part of various kinds of filters in 
a positioning system, not only filters that might be referred to as Kalman filters; as indicated above, it comprehends 
any kind of filter in a position-measuring system that produces an estimate of position based on statistical measures 
involving current and previous measurements of position, or in other words, that statistically determines a succession 
of position estimates along with corresponding uncertainty estimates based on a succession of measurements. Further, 
a positioning system according to the present invention will not, of course, always yield an estimate of position, since 
in some situations there will not be adequate measurement data due, for example, to environmental affects that tem- 
porarily prevent receiving data from the number of sources needed to estimate position. In such a case, the positioning 
system might temporarily estimate only a heading and a clock bias. 

[0045] It should also be clear that the present invention applies equally well to systems that are not, strictly, positioning 
systems, but instead are systems that in general estimate one or another aspect of the motion of an object, position 
being only one aspect. In case of estimating position, the system may aptly be called a "positioning system," even 
though it may estimate values for other aspects of the motion. But in other cases the aspect of the motion that is most 
important may be other than position; it may, for example, be angular velocity, or linear or angular acceleration, or 
simply linear velocity, in general, therefore, the present invention is for use as part of a system that is most aptly 
described as a generalized positioning system, and is to be understood to encompass estimating, in some applications, 
position, but in other applications, other aspects of motion, not necessarily including position. 

[0046] In addition, numerous modifications and alternative arrangements of the embodiments disclosed here may 
be devised by those skilled in the art without departing from the spirit and scope of the present invention, and the 
appended claims are intended to cover such modifications and arrangements. 

Claims 

1. A filter, for making estimates of state information of an object, the state information being information about the 
state of motion of the object, the filter statistically determining a succession of state estimates along with corre- 
sponding uncertainty estimates based on a succession of state measurements, the filter comprising: 

a) means for determining association probabilities for a plurality of state measurements all at a same instant 
of time, each association probability corresponding to a particular state measurement at the instant of time, 
and also means for determining an association probability providing a value for the probability that none of 
the plurality of measurements is correct; 

b) means for combining into a single measurement innovation each individual innovation using the association 
probabilities as weightings; and 

c) means for determining the covariance of the updated state based on the individual association probabilities, 
the association probability for providing a value for the probability that none of the measurements is correct, 
and the combined measurement innovation. 

2. The filter of claim 1 or 2, wherein the filter is responsive to measurements provided by a measurement engine 
receiving information from both satellites and cellular base stations. 

3. The filter of claim 1 or 2, wherein the means for determining the association probability at a k m instant of time for 
a j m measurement out of m(k) state measurements is represented by Pj(k) and is given by 



>5 j (k)=^/*)U(t) + ^ ) e /W 
L i-i 

forj=1 ... m(k), where 

^(^P^NIv^kJiO.Sfk)], 
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in which P G is a gate probability, NO denotes the normal distribution, vj(k) is the measurement innovation for the 
j m measurement, and S(k) is the innovation covariance at instant k, given by 

S{k) = H(k)P{k\k-1 )H T (k) + R(k), 

in which H(k) relates the actual state of motion to the measured state of motion, P(k|k-1) is an a priori estimate 
error covariance, and R(k) is the measurement error covariance, and where 

b(k)=m(k) (1-P D P G ) [P D P G V(k)]- 1 

in which V(k) is the volume of a validation region, and P D is a probability of detection; and further wherein the 
means for determining an association probability providing a value for the probability that none of the plurality of 
measurements is correct is represented by P 0 (k) and is given by 



^o(k)=6(di(*) + Z >e jW 



4. The filter of any preceding claim, wherein the filter is responsive to state measurements provided by a measurement 
engine receiving information from both satellites and cellular base stations. 

5. The filter of any preceding claim, wherein the filter is responsive to a finite gate width y of a validation region, and 
wherein the filter rejects a state measurement if the state measurement falls outside the validation region. 

6. The filter of claim 5, wherein the validation region is defined by 

V(*+1, Y)=W/f+1):[2(Af+1)-z(/c+1|^)] T s" 1 (^+1)[z(/c+1). z(*+1|/c)]<; y} 

A 

for some predetermined value of the gate width y , in which z(k + 1 \k) is a prediction of a next state measurement, 
and z(k+1) is the next state measurement. 

7. The filter of any preceding claim wherein the filter is a Kalman filter. 

8. The filter of any preceding claim, further comprising a heterogeneous measurement engine and an output display 
that are each co-located with the object for which the state information is to be estimated, and further wherein the 
means for determining association probabilities, the means for combining into a single measurement innovation 
each individual innovation, and the means for determining the covariance of the updated state are ail hosted by a 
non-local facility, one that is separate and remote from the object for which the state information is to be estimated, 
and wherein the non-local facility and the heterogeneous measurement engine and the output display are in radio 
communication. 

9. A generalised positioning system for making estimates of state information of an object including a filter as claimed 
in any preceding claim. 

10. A method, for use in making estimates of state information of an object, the state information being information 
about the state of motion of the object, the method for performing a filtering that statistically determines a succession 
of state estimates along with corresponding uncertainty estimates based on a succession of state measurements, 
the method comprising the steps of: 

a) determining association probabilities for a plurality of state measurements all at a same instant of time, 
each association probability corresponding to a particular state measurement at the instant of time, and also 
determining an association probability providing a value for the probability that none of the plurality of meas- 
urements is correct; 
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b) combining into a single measurement innovation each individual innovation using the association probabil- 
ities as weightings; and 

c) determining the covariance of the updated state based on the individual association probabilities, the as- 
sociation probability for providing a value for the probability that none of the measurements is correct, and the 

5 combined measurement innovation. 

11. The method of claim 10, including providing for the filtering, measurements from a measurement engine that re- 
ceives information from both satellites and cellular base stations. 

10 12. The method of claim 1 0 or 1 1 including, determining an instance of the association probability Pj(k), at a k m instant 
of time for a j m measurement out of m(k) state measurements, according to: 



" ■ /MM=e y (*)[6(*) + $Je,(*) 

for j=1 ... m(k), where 

20 

e j (k)=P G ' 1 N[D j (k);0,S(k)] ? 

in which P G is a gate probability, NQ denotes the normal distribution, \)j(k) is the measurement innovation for the 
25 jth measurement, and S(k) is the innovation covariance at instant k, given by 

S(k) = H(k)P(k\k^)H T (k) + R(k), 

30 in which H(k) relates the actual state of motion to the measured state of motion, P(k|k-i) is an a priori estimate 

error covariance, and R(k) is the measurement error covariance, and where 

b(k)=m(k) (1-P D P G ) [P D P G V(k)]- 1 

35 

in which V(k) is the volume of a validation region, and P D is a probability of detection; and further wherein the 
determining of an association probability providing a value for the probability that none of the plurality of measure- 
ments is correct is represented by p 0 (k) and is given by 




40 



45 



^(*) + 5;e,(*)j 



13. The method of any one of claims 10 to 12 including using a finite gate width y of a validation region for the filtering, 
and wherein the method further comprises the step of rejecting a state measurement if the state measurement 
falls outside the validation region. 

50 14. The method of claim 13, wherein the validation region is defined by 

V(*+1 , y)={z(/f+1 ):[z(/c+1 )-z(/c+1 |/c)] T S 1 (/c+1 )(z(fr+1 )- z(/c+1 y } 

A 

55 for some predetermined value of the gate width y, in which z(/c+1 \k) is a prediction of a next state measurement, 

and z(k+1 ) is the next state measurement. 

15. The method of any of claims 10 to 14 including performing the filtering with a Kalman filter. 
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